It is well-known that any derivation on a commutative von Neumann algebra is implemented by a bounded operator. In this note we present a simple alternative proof, which generalises the result further within Hilbert space, and to reflexive Banach spaces.
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Mark Spivack which can be described explicitly. We obtain a bound for this operator which is independent of the number of generating projections. It follows immediately that continuous derivations on commutative bounded projection algebras on reflexive Banach spaces are implemented.
We abuse notation a little by saying that projections p and q are orthogonal if pq = qp = 0 . Denote 1 -p by p Then, given any finite commutative set {q .},i = 1,...,n of projections, there is a set {p . },i = 1,...,2 , of orthogonal projections Proof. The restriction of 6 to any finitely generated projection subalgebra REMARK 2. We mention finally that this proof is closely related to an existing one for the case of a von Neumann algebra. I am indebted to Professor Erik Christensen for describing that one to me. We sketch it here for comparison: Let 6 be a derivation on a commutative von Neumann algebra A . Note that by Ringrose [3] 6 is continuous. Let C be the weakly closed convex set generated by elements of the form u < 5 (u) where u is unitary in A . For each unitary u define a map T : C •* C by T (a) = uau* + uS{u*) . Then C and the maps T satisfy the conditions of the Markov-Kakutani fixed-point theorem [2] , and so for some x e C , T (x) = x for all u . A simple manipulation shows that x implements 6.
We can immediately s t a t e t h e c o r o l l
Our proof is different even in this case in that it substitutes a partially constructive method for the use of the fixed-point theorem.
